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E SERCIZI 
Studia le seguenti funzioni e tracciane il grafico:    
1)   2 33y x x= −

2)   4 26y x x= −

3)  ( ) (21 3 3
16

y x x= − + )  

4)  
2 3

2
xy
x
−

=
−

 

5)  
3 8
4
xy
x
−

=  

6)  2
4
2 3

y
x x

=
+ −

 

7)  
2

3
3 3xy
x
−

=  

8)  
3

23 3
xy
x

=
−

 

9)  3 1
xy

x
=

+
 

10)  
2

2
xy
x

⎛ ⎞= ⎜ ⎟−⎝ ⎠
 

11)  
( )( )

2

1 2
xy

x x
=

+ +
 

12)  ( )2y x x= −  

13)  
2
xy

x
=

−
 

14)  
2

4
1

xy
x
−

=
+

 

15)  
1xy x
x
−

=  

16)  
4

xy
x

=
−

 

17)  2 1 2y x= + + x  

18)  2 1 2y x= − + x  

19)  3 38y x= −  

20)  3 24y x= −  



 113

21)  
3 2 1
xy
x

=
−

 

22)  xy xe=  

23)  2x xy e −=  

24)  
2

2

xey
x

=  

25)  ( )21 xy x= + e  

26)  2 xxy e e= −  

27)  ln xy
x

=  

28)  
ln
xy
x

=  

29)   2ln lny x= − x

30)  ( )ln 1 xy e= +  

31)  ln 1
ln 1
xy
x
+

=
−

 

32)   [ ]0, 2y sen x cos x su π= +

33)  [ ](1 ) 0, 2y cos x cos x su π= −  

34)   [ ]2 0, 2y sen x cos x su π=

35)  [ ]2 1 0, 2
2 1
sen xy su π
sen x

−
=

+
 

36)   y sen x x= +

37)  [ ]0, 2sen xy su π
sen x cos x

=
+

 

38)   arc tg xy e=

39)   y xarctg x=

40)   2y x arctg x= −

41)  2
2 1x

y
x
− −

=  

42)  
( )

2
2 3
x x

y
x
+

=
−
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1
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1, 5 ;

1, 5

y x x
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Flex
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3) 
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21 3 3
16
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1,1
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)
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4) 

( )
( )

2 3
2

1,2 ;

3,6 ;
2, 2

xy
x

Max

min
asintoti x y x

−
=

−

= = +

 

             
5) 

( )

3

3
1 3

8
4

34, ;
4

2, 0 ;
: 0

xy
x

min

Flex
asintoto x

−
=

⎛ ⎞−⎜ ⎟
⎝ ⎠

=

 

      
6) 

( )
2

4
2 3

1, 1 ;
: 3, 1,

y
x x

Max
asintoti x x y

=
+ −

− −

= − = = 0
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7) 

2

3

1

2

3 3

23, ;
3

23, ;
3

56, ;
2 6

56, ;
2 6

: 0,

xy
x

min

Max

Flex

Flex

asintoti x y

−
=

⎛ ⎞
− −⎜ ⎟
⎝ ⎠
⎛ ⎞
⎜ ⎟
⎝ ⎠
⎛ ⎞
− −⎜ ⎟
⎝ ⎠
⎛ ⎞
⎜ ⎟
⎝ ⎠
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8) 

( )

3

23 3
33, ;

2

33, ;
2

0, 0 ;
1: 1, 1,
3

xy
x

Max

min

Flex

asintoti x x y x

=
−

⎛ ⎞
− −⎜ ⎟⎜ ⎟
⎝ ⎠
⎛ ⎞
⎜ ⎟⎜ ⎟
⎝ ⎠

= − = =

 

 

 
 
9) 

3

3

3

3
3

1
1 4, ;

32

22, ;
3

: 1,

xy
x

Max

Flex

asintoti x y

=
+

⎛ ⎞
⎜ ⎟⎜ ⎟
⎝ ⎠
⎛ ⎞
⎜ ⎟⎜ ⎟
⎝ ⎠

= − = 0
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10) 

( )

2

2
0,0 ;

11, ;
9

: 2,

xy
x

min

Flex

asintoti x y

⎛ ⎞= ⎜ ⎟−⎝ ⎠

⎛ ⎞−⎜ ⎟
⎝ ⎠

= =1

 

 

 
11) 
 

( )( )

( )

2

3 2 3 2

1 2

4 , 8 ; 0, 0 ; : 2, 1, 1
3

' , 0.7; '
43 6 4 0 2
3

xy
x x

Max min asintoti x x y

C èun flesso la cui ascissa vale circa lo si può localizzare risolvendo graficamente l equazione

x x ossia x x

=
+ +

⎛ ⎞− − = − = − =⎜ ⎟
⎝ ⎠

+ − = = − +
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12) 

( )2

2 4 6,
3 9

y x x

min

= −

⎛ ⎞
−⎜ ⎟⎜ ⎟

⎝ ⎠

 

 

 
 

13) 

2
6 4 3 ;

3
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x
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asintoti x y

=
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− +
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14) 

2

4 1 3 137, 17 ; : 1;
4 11
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x
− −⎛ ⎞= − − = ±⎜ ⎟
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15) 

0

1

1:
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lim ( ) 0
x

xy x
x

Asintoto y x
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→ −

−
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= −
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16)  ( ) 88,4 ; 16, ; : 4
4 3

xy min flex asintoto x
x

⎛ ⎞
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17) 

2 1 2
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y x x
Asintoti y x y x
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18) 

2 1 2

2 , 3 ;
3

: 3 ,

y x x
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⎛ ⎞− −⎜ ⎟
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19) 

( ) ( )

3 38
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y x
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20) 
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3 2

3
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y x
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⎛ ⎞
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2
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xy xe
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e
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⎛ ⎞
⎜ ⎟
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1
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25) 

( )2

1 3
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1
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xy x e
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e

asintoto y
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⎛ ⎞−⎜ ⎟
⎝ ⎠
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26) 
2
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16
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⎛ ⎞− −⎜ ⎟
⎝ ⎠
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27)   32 2 2
3

ln 2 8, ; 14.39, 0.70 ; 0, 0
3

xy Max e Flex e e asintoti x y
ex e e

⎛ ⎞⎛ ⎞= ≈ ≈⎜ ⎟ ⎜ ⎟⎝ ⎠ ⎝ ⎠
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28) 
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2
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2

: 1
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x
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x

min e e

eFlex e

asintoto x

f x
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=

⎛ ⎞
⎜ ⎟
⎝ ⎠

=

=
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29) 

2ln ln
1, ;
4
3, ;
4

: 0

y x

min e

Flex e e

asintoto x

= −

⎛ ⎞−⎜ ⎟
⎝ ⎠
⎛ ⎞
⎜ ⎟
⎝ ⎠
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x

 

  

  
 
30) 

( )ln 1

:
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xy e

Asintoti
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= +

=
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31) 

0

ln 1
ln 1

1 ,0 ;
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lim ( ) 1
x

xy
x
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e
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+
=
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⎛ ⎞
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πMax
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⎛ ⎞
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⎝ ⎠
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1

2

1
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3 4
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8
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8
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⎛ ⎞
⎜ ⎟
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⎛ ⎞
⎜ ⎟
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−
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2

1
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2
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3
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1

2

3
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6 2, ;
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6 2, ;
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3 3 3

2 ,0

2 2 7, ;
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2

y sen x cos x su π
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Max arc sen
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Max π

min π arc sen
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πFlex

Flex π a

=

⎛ ⎞
⎜ ⎟⎜ ⎟
⎝ ⎠
⎛ ⎞

− −⎜ ⎟⎜ ⎟
⎝ ⎠

⎛ ⎞
+ −⎜ ⎟⎜ ⎟

⎝ ⎠
⎛ ⎞

−⎜ ⎟⎜ ⎟
⎝ ⎠

⎛ ⎞
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5

6
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⎛ ⎞
−⎜ ⎟⎜ ⎟
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36)

; ,
y sen x x
Questa funzione non è periodica i suoi punti di flesso sono quelli di ascisse x kπ con k
= +

= ∈  
 

     
 
37) 
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3 7: ,
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⎛ ⎞ ⎛ ⎞
⎜ ⎟ ⎜ ⎟
⎝ ⎠ ⎝ ⎠
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38) 

[ ] 0.5 2 2
10, 2 , 1.59 ; : 0.21 ( ), 4.81 ( )
2
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⎛ ⎞−⎜ ⎟
⎝ ⎠
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